
An estimate of density of zeros
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Let f be an entire function of exponential type with indicator diagram
[−iπ, iπ]. Let n(r) be the counting function of zeros of f .

Give a good estimate from above for the density

D = lim sup
r→∞

n(r)

r
.

The “trivial” estimate using Jensen’s formula is D ≤ 2e. Taking f(z) =
sin πz we obtain D = 2. An example with D > 2 is contained in [1].

Here is an equivalent formulation. Consider a region G of the form G =
{x + iy : y > φ(x)}, where φ ≤ 0, φ(0) = 0, and let F be a conformal map
of the upper half-plane onto G such that f(0) = 0 and f(z) ∼ z, z → ∞.
Give a good estimate from above for Ref(1).
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