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In this talk, I will give an overview of recent results concerning the
spectrum of the Laplace-Beltrami operator in a non-compact mani-
fold. In particular, I will discuss criteria for its discreteness, as well
as conditions ensuring that a half-line belongs to the spectrum. The
case of immersed submanifolds will also be considered, and emphasis
will be put on the links between the spectrum and geometric data, ei-
ther intrinsic (curvatures, volume growth of balls) or extrinsic (density
growth, Hausdorff dimension of the limit set).
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